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ABSTRACT: The influence of the polymer solubility on the separation efficiency in thermal 

field-flow fractionation (ThFFF) was investigated for a polymer model system of differently 

branched chain walking polyethylenes in five different solvents, which were selected depending 

on their physical parameters. The understanding of polymer thermal diffusion has been eluci-

dated using a revisited approach based on the latest thermal diffusion prediction model by Mes, 
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Kok and Tijssen combined with the Hansen solubility theory. Thereby, a significant improve-

ment in the precision of the thermal diffusion prediction and the separation efficiency has been 

achieved by implementation of the temperature dependency on Hansen solubility parameters. 

In addition, we demonstrate a method for validation of the segmental size of polymer chains 

with varying topology by using the revisited thermal diffusion prediction approach in inverse 

mode and experimental thermal diffusion data. 

INTRODUCTION 

Topology characterization of polymers still represents a challenge using classical approaches 

such as size exclusion chromatography due to co-elution of differently branched polymers lead-

ing to low separation efficiency.1 To overcome these problems, Field-flow fractionation (FFF) 

as complementary separation and analysis method has been established.2 In FFF, the separation 

of analytes is generally realized by an external separation force field applied perpendicular to a 

parabolic laminar flow in a thin ribbon-like separation channel. Once a mixture of analyte par-

ticles is injected at the channel, each particle reaches its equilibrium between down-force by 

the external field and its diffusion back towards the center of the channel. Both, the response to 

the field and the counteracting diffusion caused by Brownian motion and also by the field-

induced concentration difference is dependent on the analyte's physicochemical properties. In 

equilibrium under the field influence, an exponential concentration profile is formed corre-

sponding to different channel height occupation from the accumulation wall. The reached height 

from the accumulation wall represents layers of different flow velocities once a flow through 

the channel is applied. Consequently, analytes will migrate faster or slower through the channel, 

depending on the height occupation in the channel and are hence eluted at different retention 

times. Depending on the FFF subtype a separation of analytes according to different intrinsic 

physicochemical properties can be realized.3 For polymers in organic solvents, thermal field-

flow fractionation (ThFFF) has been established to characterize polymers in their  copolymer 
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content4–7 and recently in their topological differences.8,9 In this FFF subtype the separation 

force field is given by a temperature gradient ΔT, where the upper channel wall is heated and 

the lower one is actively cooled. The retention in ThFFF can be described as given in Eq. (1)  

 
𝑅 =

𝑡0

𝑡𝑅
= 6𝜆 [𝜈 + (1 − 6𝜆𝜈) (𝑐𝑜𝑡ℎ (

1

2𝜆
) − 2𝜆)] (1) 

where the retention ratio of the void time t0 to the retention time tR is defined by the dimension-

less FFF parameter λ and uniquely for this FFF subtype, with correction of the flow profile by 

the non-parabolicity parameter v due to the non-constant viscosity of the carrier liquid. v can 

be calculated in dependency to ΔT and the cold wall temperature by a polynomial approach 

with polynomial coefficients tabulated for a large choice of solvents.10,11 The FFF parameter λ 

is defined by a physicochemical property of the analyte, which describes the response to the 

separation force field. In ThFFF λ is described as given in Eq. (2) 

 𝜆 =
1

𝑆𝑇∆𝑇
=

𝐷𝑇

𝐷 ∆𝑇
 (2) 

and depends on the ratio of the thermal diffusion coefficient DT to the translational diffusion 

coefficient D, also named  Soret coefficient ST, and ΔT. For most of the FFF subtypes, the basic 

underlying principle is well understood. However, a fundamental theory to describe the phe-

nomenon of thermophoresis in particular for liquid systems is still missing.  

THEORETICAL BACKGROUND 

Since the first observations on thermophoresis in the mid 1800’s,12,13 several theories have been 

developed with varying success to describe this mass transport phenomenon. Meanwhile, since 

thermophoresis is of technical relevance for ThFFF separations the interest in the prediction of 

DT has increased. The latest prediction theory for DT was reported by Mes, Kok and Tjissen14 

(hereinafter coined Mes DT theory) and describes DT in dependence on the polymer-solvent 

interaction using the following relationship: 
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𝐷𝑇 = 𝜙2

𝑆
(

𝑘𝑏𝑇

6𝜋 𝜂𝑆(𝑇) 𝑟𝑚
) (2

𝜕𝜒

𝜕𝑇
+ 𝑇

𝜕2𝜒

𝜕𝑇2
) (3) 

with the Boltzmann constant kB, the solvent’s dynamic viscosity ηS(T), the volume fraction S 

and the first and second partial derivative of the polymer solvent interaction parameter χ differ-

entiated to the (absolute) temperature T (in K). χ is defined by the Flory–Huggins solution the-

ory.15,16 For dilute polymer solutions as used in this work, S is set to a value of 1. rm represents 

the radius of a local segment of the polymer chain in the size region of a monomer, which is 

given based on approximations as discussed below. χ is the sum of the enthalpic χH and entropic 

contribution χS. As defined by the Flory–Huggins model, χS is not temperature dependent and 

is therefore neglected for the calculation of χ.14 Yet, χH can be calculated as given in Eq. (4)   

 
𝜒𝐻(𝑇) =

𝑉𝑚(𝑇)(𝑅𝑎(𝑇))2

𝑅𝑇
 (4) 

with the molar volume Vm(T) of the solvent, the universal gas constant R and the distance of the 

solubility parameters Ra. Vm(T) is thereby calculated as the ratio of the molar mass M to the 

temperature dependent mass density ρ(T), as given in Eq. (5) 

 
𝑉𝑚(𝑇) =

𝑀

𝜌(𝑇)
 (5) 

Originally the distance of the Hildebrandt solubility parameters17 has been used, as given 

in Eq. (6) 

 (𝑅𝑎(𝑇))
2

𝐻𝑖𝑙𝑑𝑒𝑏𝑟𝑎𝑛𝑑
= (𝛿𝑃𝑜(𝑇) − 𝛿𝑆(𝑇))2 (6) 

with the Hildebrandt solubility parameters of the polymer δPo and of the solvent δS. This pa-

rameter represents the cohesive energy density and is used in its squared form to avoid negative 

values, because an energy density cannot be negative in this context. The prediction of DT on 

the basis of the Hildebrandt solubility parameters may result in a medium accurate match with 

DT measured experimentally by ThFFF or other batch techniques such as thermogravitational 

column18,19 or thermal diffusion forced Rayleigh scattering (TDFRS),20 which are closest to the 
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theoretical definition of thermal diffusion. Yet, the aim of this study is to improve the prediction 

power of the Mes DT theory by the means of the Hansen solubility theory, given in Eq. (7)  

 𝛿2 = 𝛿𝐷
2 + 𝛿𝑃

2 + 𝛿𝐻
2
 (7) 

where the total solubility parameter δ is represented by a three-dimensional model with contri-

butions from dispersion (δD), polar (δP) and hydrogen bonding (δH) interactions. Note, that re-

ported Hildebrand solubility parameters do not necessarily match the total Hansen solubility 

parameters (HSP). In many cases they only represent the dispersion interactions. Though, in 

both solubility theories the total δ is related to the cohesive energy density. The distance Ra 

from Eq. (4) is defined as shown in Eq. (8) 

 (𝑅𝑎(𝑇))
2

𝐻𝑎𝑛𝑠𝑒𝑛
= (Δ𝛿𝐷(𝑇))2 + 1

4⁄ (Δ𝛿𝑃(𝑇))2 + 1
4⁄ (Δ𝛿𝐻(𝑇))2 (8) 

with the differences of the three contributions between polymer and solvent, as given in Eq. (9). 

 Δ𝛿𝑋 = 𝐷,𝑃,𝐻 (𝑇) = 𝛿𝑋,𝑃𝑜(𝑇) − 𝛿𝑋,𝑆(𝑇) (9) 

The ¼ fractions in Eq. 8 reflect the different impact quantity on the HSP distance.21 Note, that 

Eq. (8) has been divided by 4 from its original definition, thus, corresponding to the quantity of 

(Ra(T))²Hildebrandt. To apply (Ra(T))²Hansen in the prediction of DT the temperature dependency 

of δD, δP and δH needs to be known. This can be approximated on the basis of the volumetric 

thermal expansion coefficient V or based on the ratio of the temperature dependent mass den-

sity ρ(T) to ρ of the regarded reference temperature Tref. (in this study 298.15 K), as given in 

the Eqs. (10) to (12)22 

 𝛿𝐷,𝑟𝑒𝑓.

𝛿𝐷(𝑇)
= (

𝑉𝑟𝑒𝑓.

𝑉(𝑇)
)

−1.25

 (10) 

 𝛿𝑃,𝑟𝑒𝑓.

𝛿𝑃(𝑇)
= (

𝑉𝑟𝑒𝑓.

𝑉(𝑇)
)

−0.5

 (11) 

 𝛿𝑃,𝑟𝑒𝑓.

𝛿𝑃(𝑇)
= 𝑒𝑥𝑝 [−0.00122 (𝑇𝑟𝑒𝑓. −  𝑇) − 𝑙𝑛 (

𝑉𝑟𝑒𝑓.

𝑉(𝑇)
)

0.5

] (12) 

with the ratio of the reference volume Vref., typically at the reference temperature Tref. to the 
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volume at the regarded temperature V(T), defined in Eq. (13). 

 𝑉𝑟𝑒𝑓.

𝑉(𝑇)
=

1

𝛼𝑣 (𝑇𝑟𝑒𝑓. − 𝑇) + 1
=

𝜌(𝑇)

𝜌𝑟𝑒𝑓.
 (13) 

Several influences affecting the prediction need to be considered. On the one hand, the HSP 

reported in the literature may differ depending on the method they were determined (e. g. by 

group contribution models23–25 or on the basis of correlated experimental results26). On the other 

hand, V also varies with the temperature and it has to correspond to the physicochemical state 

of the polymer (glassy or liquid) which fits its behavior in solution (see discussion below). The 

temperature dependent HSP of the solvents were calculated solely with comprehensive density 

data reported in the literature.27 In this study, only the Mes DT prediction theory is considered. 

Other prediction theories reported or tested earlier e. g. by Bender,28 Schimpf and Giddings29 

or Schimpf and Semenov30–32 were found to be less accurate29,33 and are not considered in this 

work. 

Branching characterization of regular polyolefins typically done by high temperature col-

umn based chromatography34,35 still represents a challenge e.g. due to abnormal elution behav-

ior of branched polymers when separated in size exclusion mode.36 Thus, ThFFF turns to be a 

good alternative for (branching) characterization.7–9,37 ThFFF in high temperature mode has 

been already successfully applied for regular polyethylene separation.38,39 However, an exten-

sion of the analysis scope towards polymer topology has not been tried yet. One aim in this 

study is to predict suitable separation conditions for a branching characterization of regular 

polyolefins by HT-ThFFF.  
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RESULTS 

Revisiting the prediction of polymer thermal diffusion. Predictions of DT were reported pre-

viously by Mes et al. for polystyrene14 (PS) as well as for polyacrylates by Runyon and Wil-

liams,33 both matching experimentally measured DT reported in the literature with more or less 

fair accuracy. In previous studies, DT values were calculated with theoretically approximated 

rm of 0.201 nm14,28 or 0.29 nm33 for PS and 0.153 nm28 or 0.27 nm33 for poly(methyl methac-

rylate) (PMMA),using the liquid thermal expansion of the these polymers in melt. The question 

appears, are these small length scales thermodynamically meaningful?  

A reverse test calculation of rm based on experimental DT for PS and PMMA with χH and 

its temperature derivatives calculated by the means of HSP (Eqs. (4), (8)-(13)) leads in fact to 

larger rm of about 0.6 nm for PS and 0.5 for PMMA, respectively, using the thermal expansion 

of the polymers in the glassy state at the temperatures corresponding to the reported DT values. 

For PS this length is in close agreement to reported Kuhn lengths lK (1.2-1.8 nm).40–42 For 

PMMA instead, a slight underestimation compared to the reported lK  (1.4 – 1.7 nm)43,44 is found. 

The determination of lK e. g. by scattering experiments depends on the fitting model and the 

experimental conditions (in melt or in solution and for polymer solutions on the solvent quality). 

An approximation of the Kuhn length independent on experimental factors used for the DT pre-

diction can be done by using tabulated characteristic ratios C of the polymers together with the 

bond length lb and bond angle  45,46 (e. g. from rotational  isomeric state modelling)47 in the 

polymer chain, as given in Eq. (14). 

 𝑙𝐾 = 𝑙𝑏 𝐶∞ cos(𝜃
2⁄ )  ≈ 2 𝑟𝑚 (14) 

The idea, that DT may dependent on the Kuhn length or a related segment length, was described 

previously48,49 and may set a physiochemical basis for the DT prediction model by Mes et al.14 

The HSPs and V used in this study are reported in Table 1 and the references for the reported 

experimental DT are given below.  
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Table 1 HSPs, Vm and its temperature dependency at 25 °C (in cm3 (mol K)-1) and V in the 

temperature range used for predictions in this study.  

 HSP
21  [MPa0.5] Vm 

𝑑𝑉𝑚

𝑑𝑇
  

Solvents δD δP δH [cm3 mol-1] [cm3 (mol K)-1] 

Cyclohexane (CHX) 16.7 0.0 0.2 108.63 0.1322 

Mesitylene (MST) 18.0 0.6 0.6 139.83 0.1335 

n-Decane (DEC) 15.7 0.0 0.0 195.91 0.2121 

Paraffin oil a (ALK) 16.0a 0.0a 0.1a 212.40 0.2086 

Decalin (DHN) 17.8 0.0 0.0 157.22 0.1370 

Toluene (TOL) 18.3 1.4 2.0 106.95 0.1039 

Ethylbenzene (EB) 17.8 0.6 1.4 123.08 0.1234 

Tetrachloroethylene (TCE) 18.3 5.7 0.0 102.81 0.1068 

o-Dichlorobenzene (ODBC) 19.2 6.3 3.3 113.04 0.1039 

Chloroform (CLF) 17.8 3.1 5.7 81.64 0.1054 

Tetrahydrofuran (THF) 16.8 5.7 8.0 81.66 0.0962 

1,4-Dioxan (DOX) 17.5 1.8 9.0 85.70 0.0915 

Methyl ethyl ketone (MEK) 16.0 9.0 5.1 90.10 0.1166 

Acetone (ACT) 16.0 9.0 5.1 73.96 0.1076 

Ethyl acetate (ETA) 15.8 5.3 7.2 98.52 0.1328 

Dimethylacetamide (DMA) 16.8 11.5 9.4 93.05 0.0918 

Acetonitrile (ACN) 15.3 18.0 6.1 52.85 0.0729 

Polymers C V [104 K-1] (at T in °C) 

HDPE 18.0 0.0 0.0 8,350 8.63 (120) 

LDPE 17.6 0.0 0.0 8,350 5.3051 (100) 

cwPE    8,350 3.6051,52 (20–60) 

Polystyrene (PS) 18.6 10.5 7.5 9,553 2.6054 (20–80) 

      5.4752 (100) 

      8.6455 (120) 

Poly(methacrylate) (PMA) 19.6b 12.1b 5.9b    6.4556 (25) 

PMMA iso-  18.8 10.5 5.7 10.3c 2.8557 (25–60) 

 syndio-        8.1c 2.2057 (25–60) 

  a-tactic        8.2c 2.48 d (25–60) 

Poly(n-but. acrylate) (PBA) 19.9a 11.9a 4.2a 9,643 6.3358 (25) 

Polyisoprene (PI) 16.9 1.1 -0.4 8,143 7.0659 (25) 

a extrapolated and weighted by HSP from n- and iso-alkanes, content determined by GC-MS and 1H-NMR (given 

in the supporting information (SI));21 b approximated by monomer-and polymer-HSP from by related derivates 

and prediction by Ref. 25; c averaged values from Ref. 60 weighted according to stereoregular content reported in 

Ref. 61; d weighted according to Ref. 62 with the experimental V.57 
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For all C-C bonded polymers  = 112°, lb = 0.154 nm and for polyisoprene   = 111°, lb = 

0.151 nm were used.63 The prediction of DT for various polymer solvent systems based on the 

data given in Table 1 allow for an accurate match of the experimental values reported in the 

literature (see Figure 1) than predicted previously.14,33 For PS, data for room temperature and 

as well for elevated temperatures were calculated. Thereby, DT predictions were found to dis-

play DT in better agreement to the experimental reported values when DT for temperatures above 

the glass transition temperature of PS were calculated with V for the molten state. The necessity 

to include phase transitions of amorphous polymers in solubility parameter calculations was 

also reported previously.64 Furthermore, in the DT prediction of PMMA, the tacticity influences 

the calculation of V. The experimental DT for PMMA in different tacticities65 were recalculated 

from the reported ThFFF retention times using the calculation procedure and coefficients for v 

reported elsewhere,11 because the reported DT were derived without non-parabolicity correction 

of the flow profile61 and differ relatively from the corrected DT by up to 130 %. The necessity 

of this correction has been stated previously10,11,66 and was confirmed by comparison of exper-

imental DT from ThFFF and DT from other methods.14,33 Calculation data for the DT predictions 

with the approach presented in this study and the numerical data presented in Figure 1 are given 

in Table S1 the SI.    
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Figure 1 Comparison of the DT prediction by the procedure with Eqs. (3)-(5), (8)-(13) to the 

experimental values reported in the literature (PS in CHX,29 CLF,48 THF,33,48,67 DOX,68,69 

TOL,69–71 MEK,69,72 ETA,48,68 ODBC,39 DMA (own experiments, see SI), DHN,73 EB;69,74,75 

PMA and PBA in THF, MEK, ACT;33 PMMA in THF,67 DOX, ACN;61 PI in THF67) and in 

comparison to the predicted DT reported previously.14,33 The dashed line is guide for the eye at 

DT, exp. = DT, predict.. The abbreviations are listed with their full name in Table 1. 

As indicated in Figure 1, the predictive power of the Mes DT theory is significantly increased 

when the solubility is modelled by the Hansen solubility theory and the segmental mobility of 

the polymer is approximated in correspondence to the Kuhn length. We therefore hypothesize 

that this revised theory enables to characterize polymers on the local scale based on experimen-

tally found DT. 

ThFFF of chain-walk polyethylene in different solvents. So far, finding solvents that 

yield sufficiently high DT for a good retention in ThFFF analysis was performed in a trial-and-

error process. The latest DT prediction theories proved to shorten this process tremendously. 

However, up to this study they have not reached a prediction level yet accurately matching 

experimentally found DT.33 Furthermore, predictions with the Mes DT theory with the approach 

given in section 1 require elaborate calculations. Trends may not directly be derived from Eq. 

(3). Hence, we present exemplarily for a library of chain walking polyethylenes (cwPE) with 

different amount of calculated long chain branching (LCB) and molar masses9 an alternative 
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approach to find an optimal solvent for ThFFF separations yielding high retention and topolog-

ical selectivity. A good solvent matching these properties was already intuitively found in CHX. 

Details are reported in previous studies on these polymers76 and their topological analysis by 

ThFFF.9 These polymers remain thoroughly amorphous with liquid to waxy consistence due to 

their unique structure with a high amount of short chain branches and a controllable topology 

in terms of long chain branching. In contrast to HDPE or LDPE, they are readily soluble at 

room temperature in a variety of solvents and are thus, perfect candidates for an investigation 

by ThFFF as a model system.  

 

Figure 2 Hansen solubility sphere modeled for cwPE with the HSP given in Table 1 and further 

solvents. The sphere radius was approximated to Ro = 10.4 MPa0.5 based on experimentally 

observed solubilities. The center of the sphere is in between the coordinates of CHX and n-

dodcecane. The color scale indicates the relative energy distance (RED) of the solvent to the 

sphere center.  

In order to trace possible correlations between the solvent quality and the ThFFF retention 

behavior, the solubility sphere for cwPE was modelled with the HSPs given in Table 1, as illus-

trated in Figure 2. The radius of the sphere Ro indicates the border between solvency (inside) 
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and nonsolvency (outside). The ratio Ra Ro-1 is called the relative energy difference (RED). Ro 

was estimated by experimental solubility tests to Ro = 10.4 MPa0.5: cwPE is found to be soluble 

in THF (RED = 0.96) but insoluble in MEK (RED = 1.04). It is immediately clear, that no protic-

polar solvent is found inside the sphere. Furthermore, most of the aprotic polar solvents are 

outside, near the surface of the sphere. Thereby, dioxane is found in the region of a theta solvent 

equal to cyclohexane for polystyrene77 (RED ≈ 0.9).21 The medium polar chlorinated solvents 

used in polyolefin analysis34,35,76,78–80 are found in between the center and the surface of the 

sphere. In the center solely hydrocarbons are located.     

Based on the good and selective retention behavior found for cwPE in CHX and the lack 

of retention in THF (Figure 3),9 we set the hypothesis: The retention behavior correlates with 

Ra and becomes optimal for solvent candidates with HSP located closer to the center of the 

sphere. The verification of this hypothesis was investigated by ThFFF retention experiments 

with a library of seven cwPE samples of different molar masses and varying topology ranging 

from highly branched (hb), branched (b), slightly branched (sb) to linear (lin) topology taking 

into account the LCB calculation. Further details on the polymer properties are reported in a 

previous study9 and in the SI. 
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Figure 3 ThFFF fractograms of seven cwPE samples with different molar mass and topology, 

shown in dependency to the reduced retention time (stop flow time subtracted). The separations 

shown in A to D were performed with a flow rate of 0.2 ml min-1 and the separations shown in 

E with 0.3 ml min-1.  

The outcome of this investigation is illustrated in Figure 3 and confirms our hypothesis. 

The best retention is found for n-decane (DEC), which is believed to be located closest to the 

center of the solubility sphere. Figure S5 in the SI demonstrates the improved quality of sepa-

ration with DEC even in comparison to ALK.  Thereby the HSP of cwPE are probably close to 

DEC HSPs. A similar but slightly less effective separation is found for paraffin oil (n-alkanes 

C9 to C13 from redistilled lamp oil). This confirms that for effective separation not necessarily 

pure solvents need to be used. In the case of alkane mixtures significant solvent effects observed 

in other solvent mixtures are not expected. In fact, such mixture effects can be also used to 



14 
 

improve ThFFF separations.81,82  

The retention in ThFFF is a result of the interplay between DT and D. In particular D is 

strongly dependent on the mean layer temperature which corresponds to the retention time 

measured in ThFFF. Hence, the question arises: To which extend does the solubility influences 

DT? Average DT values were calculated from differential refractometry peak apex retention 

times with the help of D(T) measured in batch by temperature dependent dynamic light scatter-

ing (data are given in the Table S5, SI). The overview of DT (multiplied by the solvent viscosity 

for comparison) superimposed in Figure 4 in dependency on RED shows significantly different 

DT depending on the solvent. However, with the initially applied HSP (LDPE) with δD = 17.6 

MPa0.5 for cwPE the dependency appears not to be consistent. With the boundary condition of 

DEC having the closest HSP to cwPE on one hand and the insolubility in MEK on the other 

hand a reconsideration of the HSP for cwPE to δD = 15.8 MPa0.5 with Ro = 10.2 MPa0.5 by 

keeping δP, δH = 0 MPa0.5 yields in a meaningful correlation of DT to RED. The question appears, 

why δD for this cwPE appears to be significantly lower than reported for regular types of PE (δD 

= 18 MPa0.5 for HDPE or LDPE δD = 17.6 MPa0.5)?83  

The trend to lower δD is also found for iso-alkanes in comparison to their n-derivates. 

Hence, for a highly short chain branched material such as cwPE the same trend was found. A 

shift of δP and δH, away from 0 MPa0.5 does not yield a better correlation. Some hydrocarbon 

materials such as polyisobutylene (PIB) are in fact reported with δP and δH deviating from 0 

MPa0.5. However, in contrast to PIB, cwPE does not contain quaternary carbon atoms and there-

fore a deviation of δP and δH from 0 is not justified. In this context, discrepancies are to be 

considered if HSP values are used to describe either solubility or chemical resistance (in terms 

of permeation).21  
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Figure 4 Experimental DT (normalized with ηS(T) at mean layer temperature) of the linear cwPE 

sample lin2 in dependency to the relative energy difference for δD = 17.6 MPa0.5 from the initial 

approximation and for δD = 15.8 MPa0.5 after reconsideration (see text).  

Evaluation of polymer segmental blob size from experimental DT. In the previous sec-

tion we indicated, that the Mes DT theory is suitable to predict DT in high and improved accuracy 

with the help of HSP and segmental sizes for a particular polymer from the Kuhn length or 

related segment size. Based on our theoretical reconsiderations, we aim to validate the DT for 

the prediction of polymer segment length as indicators for the molecular chain stiffness or 

branching density directly from thermophoretic data. In this context the juxtaposition of the 

segmental dimensions defined by various polymer models needs to be evaluated. Depending on 

the polymer model, this could either be the Kuhn length or a related segment length as stated 

earlier48 or a blob size like a thermal blob as defined by de Gennes84 with the Flory theory.42 

The thermal blob in a polymer chain may become theoretically equal to the Kuhn segment 

length for a polymer depending on the solvent conditions. So far, we consider this local size 

information as a thermophoretically effective blob size. 

The reverse application of the Mes DT theory reveals in fact on one hand a dependency of 

the polymer blob size to the solvent quality as illustrated in Figure 5 and on the other hand a 

dependency on the polymer topology, since branching influences strongly the chain stiffness,76 

which is expressed here in the number of long chain branches per 1000 monomers (LCB).  
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Figure 5 Calculated blob diameters from experimental DT by reverse application of the Mes DT 

theory in combination with the Hansen Solubility theory. The values for HDPE (NIST SRM 

1484) were calculated on the basis of reported literature ThFFF retention data38,39 and literature 

radii data for the estimation of D.85,86 *) calculated with DT at the mean layer temperature; **) 

calculated to 25°C with the help of ηS(T). The hashed regions indicate the error bars of the LCB 

values. The abbreviations of the solvents are listed with their full name in Table 1. 

Increasing blob diameters were found in good solvents such as CHX, MST and ALK, whereas 

in CLF the blob diameter remains almost constant. This is in agreement with the theory, because 

with increasing branching (i.e. LCB) the stiffness of the polymer should increase due to an in-

creasing steric hindrance. In a thermodynamically good solvent, the solvent is freely draining 

into the polymer coil. Contrarily, in a poor solvent the polymer coil is in collapsed state with 

reduced interaction with the solvent and thus the blob diameter does not significantly change 

with LCB. A similar or even reverse trend may be observed for THF. Yet, the yielded blob di-

ameter for THF may represent here only a lower limit of its actual size, because DT data from 

ThFFF are not fully resolved due to the poor retention. The blob diameter found for cwPE in 

ALK and DEC as well as the retraced values for HDPE from literature retention38,39 and scaling 

data85,86 (transformed to 25 °C for comparison) in ODBC and TCE are in close agreement to 

the segment lengths reported for short chain branched (SCB) PE. For SCB-PE a persistence 

length ranging from 0.9 nm for high numbers of SCB to 0.6 nm for non-branched PE chains is 

reported.87 Furthermore, the blob diameter of the cwPE with higher LCB is in agreement to the 



17 
 

blob size of cwPE material originated from the same synthesis approach of about 8 – 10 nm 

found by atomic force microscopy (AFM) and SANS and corresponding to a bottle-brush like 

conformation with a large thickness.76   

With regard to HT-ThFFF of regular polyolefins, a separation according to branching may 

most efficiently be performed in solutions of higher n-alkanes. Previously reported HT-ThFFF 

separations were carried out in medium solvents for PE at higher temperatures with ODBC 

(RED = 0.65, at 102 °C) and TCE (RED = 0.54 at 114°C), which is in comparable distance like 

CLF (RED = 0.63 and 0.64 at 102 and 114 °C). Therefore, the branching-selectivity in the sep-

aration may be similarly low like in CLF, as shown in Figure 3 due to the hindered drainage as 

stated in Figure 5. A branching separation is not reported in these investigations and  in early 

reports branching was assumed to have no effect on DT.88 With the latest investigations in this 

regard7–9 it can be concluded, that this is only true for specific polymer solvent pairings and 

only the independence of M on DT is found to be generic.  

The correlation of thermal diffusion to the thermodynamic solvent quality discussed above 

is in certain aspects in agreement to Köhler et al. They concluded, that mainly the Kuhn seg-

ments from the thin draining outer layer take part in the thermophoretic motion.89 However, 

with regard to the found variety of blob sizes depending on polymer architecture and solvent 

quality, their conclusion may be reevaluated to which depth of the polymer coil its segments 

contribute to the polymer’s thermophoretic motion.  

 

EXPERIMENTAL DETAILS 

ThFFF experiments were carried out with a set-up and with the same cwPE samples of different 

topologies than reported elsewhere.9 Details to the synthesis and characteristic average data of 

the samples as well as experimental conditions to the ThFFF separations are reported in the SI. 
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CONCLUSIONS 

In this study we show, that on the basis of the Hansen solubility theory the predictive power of 

thermophoretic behavior by the Mes DT prediction theory is improved, when the temperature 

dependency of the solubility is derived from physical data and segmental radius of the polymer 

is approximated by polymer chain models. However, uncertainties remain in the Mes DT theory 

since it is based on solubility and polymer scaling models with intrinsic generalizations. In 

future studies the influence of i.a. nonconstant χS or electrostatic interactions90 on the accuracy 

of predicted DT can be tested. For concentrated polymer solutions in fact a significant depend-

ency of χS to temperature was experimentally found.91  

Taking the improved DT theory as basis, a direct correlation of the thermal diffusion to the 

solvent quality has been found for a polymer model system of chain-walking polyethylene in 

different topologies.  By a reverse application of the Mes DT theory, we calculate polymer seg-

mental or blob sizes from experimental DT. These thermophoretically effective blob sizes are 

found to be in reasonable agreement with the persistence length of short chain branched poly-

ethylenes87 for linear samples and maximum blob sizes for higher branched samples in the range 

of blob sizes estimated in previous studies.76 With this approach thus we demonstrate that the 

local stiffness of a polymer can be validated by thermal diffusion measurements.  

In addition, we demonstrate that the Hansen solubility theory can be also applied empiri-

cally without elaborate calculations to find suitable solvents for ThFFF separations. With regard 

to the application of ThFFF as branching characterization method of regular polyolefins, i.e. in 

high-temperature regime, higher alkanes are found as preferential candidates for highly selec-

tive separations yielding superior retention. 
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